1
We consider the quasilinear second order elliptic equation Ž . Ž . that is squeezed between w x and¨x . w x The theorem proved in Section 2 improves our recent result 1 .
2

Ž .
Equation 1 is considered subject to the assumptions that f is locally Holder continuous in G = R and g is of class C Ž . Ž . Ž< <. of 1 , i.e., functions u satisfying ⌬ u q f x, u q g x x.ٌu G 0, and su-Ž . Ž< <. persolutions, i.e., functions u satisfying ⌬ u q f x, u q g x x.ٌu F 0, are defined similarly. 
Ž .
H 0
Proof. Let us consider the differential equation
where w t s w t for t g R and w t s yw t for t F 0 since w 0
The change of variables
H H T t
Let us show that the differential equation
and define the map Ž .
H H
e y e b r drds s 0.
Ž . Since 0 F x t F 2 for all t G T and n G 1, the previous choice of ␥ n enables us to deduce that a compact map. Ž w x. By the Schauder fixed point theorem see 3 ᎏobviously K is convexᎏthe map F has a fixed point h g K. It is easy to verify that h is a Ž . w .
Ž . solution of 3 that is nonnegative in T, ϱ and satisfies lim
h s s 1.
Ž . Ž . Since lim
h s s 1 we have that lim¨x s 0.
Ž . Ž . so that¨is a supersolution to 1 on G . Clearly w x s 0 satisfies
Ž . By the Lemma we deduce that 1 has a solution u x in G with B Ž .
Ž . Ž . < < Ž . Ž . < < w x F u x F¨x for x ) B and u x s¨x for x s B.
Ä< Ž .<4 Since g is bounded there is an k ) 0 with sup
where u x is the solution of 1 in G , and let us consider the operator
and, on the other hand,
jS . The existence of an x g G with
Ž . Ž . Ž . would imply ⌬ z x G 0 and ٌz x s 0, so that Lz x G 0 which is
and we find
Letting in the previous relation ⑀ ª 0, we get
Ž . Ž .
B xgS B
Ž . and this shows that u x is positive in G . 
